H R EER BRTOAZ

EXH - B

AEHE (NBEREHE) RHEA=
A A 38R a, b, c BRREATRR

A =a®+ 1%

FEEHHRT, (0, b, ¢) BRBULHEAEER
BiE (AIARE) & BMEEFIEEER k, m,
n(m > n) H#%

(a,b,c) = k(2mn,m* —n* m* + n?) =&

k(m? —n? 2mn,m* + n?).

BHERE m, n WBHIRMER, MUTFRRE
Xkt Ko BMBBHT m, n BB ANABC
WE— [RARAE] KEE, BEHFZHL
FEHE, WHES RARGF] HEA=A
THIBAfRo LLBRAIRAIHEEE 2 — R = AT,

][]

. B

TR AR TR, B o, b, c B
1 AABC R85 (RE—), Bl 20 BE
F3 ELEE

02:a2—|—b2

48

AL - BAEAR
A
b c

X#EER a, b, c ERIEEE B (a, b, ¢
BARE UBEK=7TH, Pythagorean
triple), BIf0 (3, 4, 5), (5, 12, 13), (7,
24, 25), (8,15, 17), ... %, HRAKRE,
EAIBETRZIE (R [1.)):

T =ZT# (a, b, ¢) BEKE, &
HYEEFEAETLEH k, m, n, m > n, #5
(a,b,c) = k(2mn, m* —n* m* + n?) =&
k(m? —n? 2mn, m? +n?) (1)
%%% {xla xQ?
...... , Ty FEERALRE. X oy £
B y A o BiR, B 1ERKER L
TEH,
T2 [1,2]: 3% a, b, c UBIEEE, Al
(a, b, c) BEAKE, o BEHKH o, b, c BE



(B {a, b, ¢} = 1) EEMEEFEEEE m,
n 5

(a,b,¢) = (2mn,m* —n® m* +n?) (2)
H

m>n>0, {mn}=1 H

m,n B—a&F—H, (3)

TEH 1, 2 RS Bam i (E B A SUEZIH
EH THEREHE?2 HEE (a, b, ¢) HE
B om, n NEREEME. EH20EHE
RZ#BER RS ERA AR, 1 HE—E
HEERNSIE (R [1, p.87] # [2, p.40]), B
HPEENEFE (diophantine equation)
w = w? £ u, v HENGGT, #fEE
u=m? v=n%w=mn, EfF m, n B
EEE H m > neo

AE m, n MEEEEEEELAE
&7 RIIPRARAE TR B, RFEAT m,
n BERFE— RARAV] KSR, WHEHE
LG H —{E 4] B9EHA,

BRAESE R BRARAGE, I
EEHEHE 1. £ =8hRMSHES— %K
ZARHERNE IRA=ZAR] R
%o

. RBROK

EREA=AY AABC 1% BA
M CA &R, % RAPB ##%; SAQC
#i5, H RA = AP, SA = AQ, EK
PQRS BR—KAE (REZ). HfHER

ARBEBRARSTY 49

A% PQRS BEATE LA W RARS
% (rectangle at subtending angle), §%

WRAFHERS o M Bla < B). ME
/BAC = 20,

B
c
a
P
S 20 \ b []C
A_Q
5}
R
B
A tand = §, PRI tangent EBURIAE
AAR:
2tand
tan 20 = T tan?d’
H
a 2y
Hrp vy = o LB E G R AER

ay? +2by —a = 0.

Njlse
_ 2b VAP F 42 —2b+ 2
7= 2a - 2a '
HbR v BIEH, BBETE, &
a_ - c- b
57" o

HMEEW 7T EHE—H D
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T3 % AABC BEA=AK, H#
h ,C BREHA, a, b, c BHEE, H o,
Bla < B) B LA 2E—EHEFBRS
Fo H
Lo c—b a
) 8 T a4 c+b
(i) FHEEH ¢ 5

(5)

(a,b,¢) =t(2a83, 3 — a?, 3 + a?).

(i) J:@Eﬁ.ﬂ‘ i —EFER, B EEXH
A 2 e e BRI AT HE
(i) 4 (4), By = 5,
a  2af
b 5% — a?
#a=2a0t(t BEEHK), Bl b= (62—
a®)t, B

= (2apt)? + (B — )%t
— (B + a?)
Wit ¢ = (6% + a?)te # (i1) B3Lo
REEH 3/ARAR TS RE AR
E TR E A = ARS8 REI L, AR (i)
B

a:bic=2y:1—7*:14++* (6

RABZRAERAZE T, HREEEARANEA=
A i, REE A RREARAFEZE
FB aa M fa; TEE 2B WIS ap
BB

DA ( ):(47 3, 5)7 H g_::
1
3°

o=
E|Q
% W

F12: % (a, b, c)=(1, 1, V2), HI N
—an — V2 -1,

BI3: % (a, b, 0)=(12, 5, 13), Al

2

37

Bl4: # (a,b,c) = (24,7,25), HI

1
5°

‘Q|Q
BN
‘Q|Q
% |w

s 3 ap _ 1
Ba 1’ Bp 7°

W 3SA SR LUT HEdR.

#4: B AABC BERAZAEY, a,
b, c BEHEE, Ha, fla<p) B LA ZH
—RARATHER, A (a, b, ¢) HE—FH
HREEIE LS B § ——HAHEE

KM LET ERZHEHE L X
—{E B 512,

SIE5: # (a, b, c) BEAKE, H a, b
MEHRDE —ER AR & o HEHK A
b, c IFEMEE .

EH: BE o, b BEETH, ¥ a =
20+ 1,b=2y+1, z, y EBIEEH. HY
e E AN

=2z +1)%+ 2y +1)?
=4(* +r+y* +y)+2

BRI ¢ BB, B c LEEEL 4 ¢ = 2,
Bl ¢ = 422, RAMIGEH, SEHLERFE,
M a, b HROE—AREH.
= o BEH, AARTEN b, c 95
(BB,
EI 1R 5 (a,b ) WE (1), a,
c BEIEEY, HEEREA (a,0,c) ¥
Joln)ges:



& (a,b,c) BAKEH, H o BER, X
#d={a,c—b}o B
c—b a

i U=

Al o, f BERM, o < 5, HWE § =
b IR o, § E—RARATREE.
B, 200 = 25 X

a’ — (% — 2bc + b?)

o =

ARBERARATY 51

&, ERMHNA t = Q(f—ib) EEZ
—BH, HE, #HPR d = {a,c — b}, B
d?> ={a? (c—b)*}. Ft, WEIESH, c+b
¢ — b B, FHI 2(c — b)|(c — b)%
X

a?=c =0 = (c+b)(c—b).

3= % 2(c—b)|a? AT 2(c—b) & a* 1 (c—b)?
2
e b>d B AR, BTRTHERE 2(c — b)|d2, B ¢ B
== B HB @ ERENEAAREL
FIE, s =, RS 1 m, n BB LA
5 4ot = 2T CH—RARSTHEE B, 0. BRIWE o,
R, AR [ ARBYIRIT (2% [1, p.90]):
(a,b,c)
— (208, 8-, F+a). ()
2(c—b)\“* ! ‘
a 2 3 4 5 6 7
1 | (4,35) (68,10) (8,1517) (10,24,26) (12,35,37) (14,48,50)
2 (12,5,13) (16,12,20) (20,21,29) (24,32,40) (28,45,53)
3 (24,7,25) (30,16,34) (36,27,45) (42,40,58)
4 (40,9,41) (48,20,52) (56,33,65)
5 (60,11,61) (70,24,84)
6 (84,13,85)
=. —RIBE5R HER £C, X4

# AABC TREAZ A, Mi—E
BT, B, BARATOBRL 2 FI=
ARSI UBTHERTE? 8%, & au,
Ba REER LA ZH—RARATMBE
(RE=), X ap, 85 HER 2B; ac, fc

A ap 0%6;

P)/A_B_Aa ’yB_ﬂ_Ba Vc_ﬂc

EIR6: B AABC B—EE=AR, &
BES a, b, ¢ Al
(1> Va = (s=c)(s=b) _ |AABC] ﬁqﬂ

s(s—a) s(s—a) *

IAABC| REAABC #EH, s —
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b :c=1—7v7% :1—vav¢c
1 —vavB
(iil) yavs + vBYc + Yavc =1

(i) 90 = 250

aa sin% B 1—cosA
A= Ba _COS% YV 1+cosA

FIReRZ EHE,
b2 + c? — a?
AT
cos 5he ,
I,
%_\/ch—b2—02+a2
Ba \ 2bc+ b2+ 2 — a?
B a? — (b—c)?
N\ (b+0)?2—a?

(a+b—c)la+c—0)
(b+c+a)b+c—a)

(s —c)(s—b)

s(s —a)

 |AABC|

s(s—a)’

HE# Heron AR,

|AABC| = \/S(S —a)(s—0b)(s—c).
Al E

B (s —a)(s—c)
/YB_ S(S—b) 9
s—a)(s—>b
o [Emat-n
s(s —c)
ZS]li
s—c c
YAYB = :1__7
s
X
a b
By =1—=, yavc=1--
s s
Fit LA
a:b:c
=1—=9p7c:1—=74%:1—="va78.
DiAER

YAYB + VBYC + Yavc = 1.

AR
_ 1 —7vavB
Ya+7B

HE,

PO. #5538

A — s ERAARIELE, Bl EHE
6(iii), AHE—AAFKE, A

t t +t t +
an — — 4 tan — —
n 2 tan - n 7 tan <

tan —tan — = 1.
an2 an2



EEREETF2EELRE RN, HAEAZ
ALy RPANEERRTFRAER,
IRENER T 4 f,

AREJTEBEEHEZ SR Ivor Grattan-
Guinness 1995 1L 3 A #IA 22
TR —E B R B 22 e R R Y. fHRY
MRERXEET a : 3 =1 : n BIFR,
A BA SO E B 3 AR 4, FRE— &M
FHH, BiBrZ Grattan-Guinness 35 6
ER34.0 NEA=ZAEHEZRARATR
BrhRe RSN TG, EIERABRES
SEILLBIREIL, B5 ERB AT Z, St
3, AREEGEA B, /2500 EMEE LE
BB Eo

& Grattan-Guinness fFRER
e M, thEHFILRELEEEHIRE R
XHIEERAIFE . A SRR BB FIBE T4
2\ VU B ) T T i T R R R
MERZA WS EERGEIN—EZ AT
IR R R, R BRI EAE
E:NpESH
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